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Available online 8 December 2004Proposition 9 of [1] is not correct, as it is proved in Proposition 2 below.
Moreover, from (8) of [1] it follows that the constant dH appearing in Proposition 9
of [1] should be cH : The main tool in proving Proposition 2 is the following technical
lemma that was pointed out to us by Ce´line Jost.Lemma 1. The kernels
Lðt; sÞ ¼ DHþ1=2sþ ½c1H KH ð; sÞ  ð  sÞH1=2ðtÞ;
if Ho1
2
and
Lðt; sÞ ¼ DH1=2sþ

s
 H1=2
 1
 
ð  sÞH3=2
 
ðtÞ;
if H4 1
2
; where Dsþ is the fractional derivative operator, are not locally square
integrable.see front matter r 2004 Elsevier B.V. All rights reserved.
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2
: In this case,
Lðt; sÞ ¼ s1=2HDH1=2sþ ½ðÞH1=2ð  sÞH3=2ðtÞ
and this kernel can be written as ðt  sÞ1jðs=tÞ; which is not locally square
integrable. In the case Ho 1
2
we have
Lðt; sÞ ¼ H  1
2
 
I
1=2H
sþ

s
 H1=2
 1
 
ð  sÞH3=2
 
ðtÞ
and again this is of the form ðt  sÞ1cðs=tÞ which is not locally square
integrable. &
Proposition 2. The fractional Brownian motion BH with Hurst parameter H 2 ð0; 1Þ is
not locally equivalent to the process cH
R t
0 ðt  sÞH1=2 dW s:
Proof. If the two processes were equivalent, by Theorem 1 of [1], there would exists
an L2 kernel L and a standard Brownian motion ~W which has the same ﬁltration as
BH and such that
BHt ¼
Z t
0
cH ðt  sÞH1=2 þ cH
Z t
s
ðt  rÞH1=2Lðr; sÞdr
 
d ~W s:
On the other hand, it is known that BH can also be written
BHt ¼
Z t
0
KH ðt; sÞdBs;
where B is a standard Brownian motion which also has the same ﬁltration as BH :
Since ~W and B have the same ﬁltrations, we can write thanks to Itoˆ’s representation
theorem
~W t ¼
Z t
0
s dBs;
where  is a process valued in f1; 1g: Therefore, we deduce
KH ðt; sÞ ¼ cHsðt  sÞH1=2 þ cHs
Z t
s
ðt  rÞH1=2Lðr; sÞdr: (1)
Multiplying both members of (1) by ðt  sÞ1=2H and taking the limit as t ! s we get
s ¼ 1: If H4 12 we can differentiate both members of (1) with respect to t and we
obtain
t
s
 H1=2
 1
 
ðt  sÞH3=2 ¼
Z t
s
ðt  rÞH3=2Lðr; sÞdr:
Therefore
Lðt; sÞ ¼ G H  1
2
 
D
H1=2
sþ

s
 H1=2
 1
 
ð  sÞH3=2
 
ðtÞ:
This contradicts Lemma 1 because L was assumed to be square integrable.
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2
we obtain
Lðt; sÞ ¼ G H þ 1
2
 
D
Hþ1=2
sþ c
1
H KH ð; sÞ  ð  sÞH1=2
h i
ðtÞ
and the same contradiction holds. &Reference
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